6.*

[lyctb &1, &9, ... — MOC/IENOBATENbHOCTD HE3aBUCHMbBIX H OJUHAKOBO PACIPENEJEHHBIX CJAyUYalHBIX BEJMYMH C TJIOTHO-
CTBIO pacrpesesieHns
2z — 2,

0,

ecan x € [1, 2],

ecan x € [1, 2].
0Ka3aTb, YTO IIPU N — OO IOCJAEL0BATEJbHOCTD C.B. = max CXOIUTCS MO BEPOSITHOCTH K 2.
n 1 ySn

HYCTb El, EQ, ... — II0CJIe10BaTE€/JbHOCTb HE3aBHCHUMbIX U OOJWHAKOBO pacnpeneﬂéHHblx CJ'Iy‘{aﬁHbIX B&JINYWH, NTPUHHUMA-
IOIIKNX 3HAaYEeHUd 1, 3ubc PaBHbBIMHU BEPOATHOCTAMHU. CXO,U,HTCH JIX IO BEPOSAATHOCTH IIPU N — OO MOCJEeA0BATEJIbHOCTH

on = 1 U p = ln(li)? O6ocHoBaTb.
n n
1
JlokaszaTb Mo ompenesieHHI0, YTO HMEET MECTO CXOOUMOCTb 110 BEPOSTHOCTH MOCJENOBATENBHOCTH &p = —— K & = 0 1pu
n
n — oo.

Hmeercst 1600 nmpsiMOyroibHUKOB, y KaXKIOTO M3 KOTOPBIX [JHMHA M IIHPHHA BhiOHpatoTcs Ha orpeske [0, 1] Haymauy
(He3aBUCHMO IpyT OT Ipyra U HE3aBUCHMO OT IJIHH CTOPOH OCTaJbHBIX MpsiMoyrosbHUKOB). [losbaysce LIIIT, ykasatb
CHUMMETPHYHbIE OTHOCHUTEJIbHO CpPEeHEro 3HaueHWs TPaHHMIbI, B KOTOPBIX C BeposTHOCThi0 0,9 JieXKUT cyMMa mJolianei
BCeX MPSIMOYTOJIbHUKOB.

Cﬂy‘laﬁHaH BeJIMUHWHA E UMeeT [0Ka3aTeJJbHOe pacnpenesieHrue ¢ napaMeTpom 1, a I10CJIeN0BaTeJbHOCTb El, EQ, ... 3a4aHa
paBeHCTBOM: &y, = & npu BceX n. [IpoBepuThb, BHIMOJHSIETCS JIM AJs 3TOH TOC/Aef0BaTeNbHOCTH yTBepiKaeHue LII1T.
2 n—1

.y n

[TycTb npu sm060M (UKCUPOBAHHOM 1 > 1 cay4yaiHas BeJMYUHA &y MPUHUMAET N 3HAUEHHH: % o
n — 00.

BepOSITHOCTSIMH. Ha#Ti npenes mocsenoBaTesbHOCTH &y, B CMBIC/IE CJIa00H CXOAMMOCTH MPH

, 1 ¢ paBHBIMHU
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ITpumeuanne. Ilpu Hcnosnb30BaHUK MIOOLIX yTBEPKAEHHH CHOPMYIHPOBATb 3TH YTBEPXKAEHHS U NPOBEPUTb BBHINOJHEHHE HX YCJOBHH.

6.*

[Tycts &1, &9, ... — mocC/€I0BATEJNBHOCTh HE3ABUCHMBIX M OJMHAKOBO pacrpele/éHHbIX CIy4alHbIX BEJHYHMH C IJIOTHO-
CTBIO pacrpeje/ieHus

4 -2z,
0,

ecan x € [1, 2],
ecan z € [1, 2].

f(=)

Jlokasatb, 4To MpU n — 0O MOCJAEA0BATENBHOCTD C.B. ¢y, = max(&y,...,&y,) CXOMUTCS MO BEpPOATHOCTH K 2.

[Tyctb &1, &9, ... — MOC/IENOBATENBHOCTb HE3aBUCHMBIX H ONUHAKOBO pacIpefie/IéHHBIX CJAyYaHHBIX BeJHUHH, IPHHHMA-
IOIIMX 3HAYEHUA —1wu 3 C paBHI)IMI/I BepOHTHOCTHMI/I. CXO]IHTCH JIN T10 BepOHTHOCTI/I HpI/I n — o0 IM0CJea0BaTEeJbHOCTHU
el 4 4efn S +...+8&,
op = ———— " Yp =exp| ———— )? O6ocHOBATb.
n n

[Tyctp cayvaiiHasi BeqMuMHA & UMeeT NOKa3aTesbHOe pacrpeneseHde ¢ napamerpoM 1. JlokasaTh Mo ompejesieHHIo, uTo
N0C/Ie0BATENbHOCTE — C€J1a00 CXOOUTCS K HYJIO MPHU N — 00.

n
Hmeercst 900 xBampaToB, AJs KaXKA0TO M3 KOTOPBIX AJIHHA CTOPOHBI BEIOHpatoTcsl Ha oTpeske [0, 1] Haynauy HezaBHCHMO

OT JJIMH CTOPOH ocTajbHbIX KBaapaToB. Ilonbsysce LIIIT, ykasaTb cHMMeTpUuUHble OTHOCHTEJ/BHO CpPeJHero 3HaueHus
TPaHUILE], B KOTOPBIX ¢ BeposTHOCTbIO 0,95 jeXUT cyMMa mjomaned BceX KBaipaToB.

Cayuafinas BeJiMunHa & UMeeT paBHOMepHOe pacrpefeseHde Ha oTpeske [0, 1], a mocnenoBatenbHOCTb &7, &9, ... 3aLaHa
paBeHCTBOM: &y, = & npu Bcex n. [IpoBepuThb, BHIMOJMHSETCS X AJs 3TOH TOC/IEN0BATENbHOCTH yTBepkaeHue LIITT.
[lycts &1, &9, ... — He3aBUCHMBble U OAHMHAKOBO paclipefie/léHHble HEBBIPOXKIEHHbIE CJAy4YalHble BEJUYUHBl ¢ KOHEYHOH

. S
oucrnepcueil U ¢ — uucno. Jlokasatb, uTo P(—n < c) — P(E& < ¢) mpu n — oo, ecau 1 TosbKo ecau E&p # c.
n
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6.*

[lyctb &1, &9, ... — MOC/IENOBATENbHOCTD HE3aBUCHMbBIX H OJUHAKOBO PACIPENEJEHHBIX CJAyUYalHBIX BEJMYMH C TJIOTHO-
CTBIO pacrpesesieHns
2z — 4,

0,

ecu x € [2, 3],
ecan © ¢ [2, 3.

Jloxkasatb, 4TO MPU N — 0O MOCJEN0BATENLHOCTD C.B. ¢y = max(&q,...,&n) CXOMUTCS MO BepPOSITHOCTH K 3.

[ycts &1, &9, ... — Mocse0BaTeNbHOCTb HE3AaBUCUMBIX U OJMHAKOBO paclpeleséHHbIX CJY4YalHBIX BeJHUHH, IPUHUMAL0-
wux 3HadeHus 0, /4 u /3 ¢ paBHBIMH BeposiTHOCTSIMH. CXOASTCS JIK 110 BEPOSITHOCTH MPU N — 0O MOCJIEeA0BATENbHOCTH

Cos&] + ...+ cosé&py (E1+...+En)
n

n

? O60CHOBATh.

on = P, = cos

1
JlokazaTb MO OmMpeleseHHI0, UTO UMeeT MECTO CXOAHMOCTb M0 BEPOSITHOCTH MOCJEeN0BATENbHOCTH &, = 1 — — K & = 1
pu 1 — 0. n

Hmeercst 2500 mpsiMOyrosibHUKOB, Y Ka)<[OT0 M3 KOTOPHIX NJIMHA W IIMpHUHA BhOMpatoTcs Ha oTpeske [0, 1] Haymauy
(He3aBUCHMO [pPYr OT ApPyra W HE3aBUCHMO OT [JIMH CTOPOH OCTaJbHbIX mpsiMoyrosbHukoB). [Tosmesysce LITIT, yka-
3aTb CUMMETpPUUYHbIE OTHOCHTE/JbHO CpeQHero 3HayeHHs TPaHMLbl, B KOTOPBIX ¢ BepositTHOCTBbIO 0,99 siexUT cymMMmapHbIH
IIepUMeTp BCeX NPSIMOYTOJbHHUKOB.

CiydaiiHasi BeJJUUMHA { UMeeT TOKa3aTesbHOe pacrpelesieHHe ¢ TapaMeTpPoM 2, a MOCAeI0BaTeNbHOCTD &1, &9, . .. 3aaHa
PaBEHCTBOM: &y = & npu Bcex n. [IpoBeputs, BhINOMHAETCS JH AJS 3TOH MocJenoBaTebHOCTH yTBepxaeHue LIITT.

Ilyctb &1, &2, ... — MOCJE00BATENBHOCTD HE3ABUCUMBIX M OfMHAKOBO paclpeleséHHBIX CAy4alHbIX BEJUYUH C HEBBIPOXK-
JIeHHBbIM pacrpesiesieHdeM. JlokazaTb, 4TO He CYLIECTBYET CJYYaHHOH BeJUUHHBI §, K KOTOPOH NaHHasH T10C/Ie10BaTENbHOCTD
CX0Ausach Obl 110 BEPOSITHOCTH.

o.1.0. Howmep rpynmer
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IIpumeuanme. [lpu ucnosnb3oBaHUK JIOObIX yTBEPKAEHUEH CHOPMYIHPOBATb 3TH YTBEPKIEHHUS M NPOBEPHUTb BBINOJHEHHE HX YCJIOBHH.

6.*

[Tyctb &1, &9, ... — TMOCJIENOBATENbHOCTb HE3aBUCHMBIX U OJMHAKOBO paclpelNeséHHBIX CAyYaHHBIX BEJUYHMH C MJIOTHO-
CTbIO0 pacrnpefesieHns
6 — 2z,

0,

ecan x € [2, 3],

J(@) ecan z € [2, 3.

Jlokasatb, 4TO MPH N — 0O TMOCJEA0BATEIBHOCTD C.B. ¢y, = max(&q,. .. ,En) CXOLUTCS T10 BEPOSTHOCTH K 3.

ITyctb &1, &2, ... — Moc/en0BaTeIbHOCTh HE3aBUCHMBIX W OIMHAKOBO paclpefeséHHbIX CAy4alHbIX BeJUUYHH, IPUHHMa-
IOLIMX 3HaueHHs 3 ¥ 5 C paBHBIMU BepOSITHOCTAMH. CXOAATCS JIM MO BEPOSTHOCTH NPU 1 — OO MOCJEN0BATENbHOCTH

on = 1 P = 1n<17)? O6ocHOBaTh.

n n
JlokasaTb Mo onpeaeseHHio, YTO UMEeT MECTO CXOIUMOCTb 0 BEPOSITHOCTH MOCJIEN0BATENbHOCTH &y = ~on K & = 0 npu
n — 0.

Hmeercsi 6400 mpsiMOyro/ibHBIX TPEYrONBHUKOB, Y KAXAOTO M3 KOTOPBIX AJHMHBI KaTeTOB BhiGupaioTcsi Ha oTpeske [0,
1] nHaynauy (He3aBMCHMO APYT OT APYra ¥ HE3AaBUCHMO OT IJIHH KaTeTOB OCTaJbHbIX TpeyrobHukoB). [losbaysice LITIT,
yKa3aTb CHMMeTPUYHble OTHOCUTEJbHO CPeJHer0 3HaYeHHsI TPaHULbl, B KOTOPBIX ¢ BepossTHOCThIO 0,98 sexxuT cymmapHas
IJIOIAb BCEX TPEYrOJbHUKOB.

CnyuaiiHasi BeJIMUHHA & MMeeT paBHOMEpHOe pacrpere/ieHne Ha otpe3ke [—1, 1], a mocsenoBatenbHOCTb &1, &9, ... 3a1aHa
PaBEHCTBOM: & = & mpu Bcex n. [IpoBeputs, BhINOMHAETCS JM AJS TOH MocJjenoBaTe/bHOCTH yTBepxaeHue LIITT.

BriBecTH 3axkoH 6osblInX uncesa B (popMme HeOblléBa U3 LEHTPANbHOU NpeNesbHON TEOPEMBI.
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6.*

Ilyctb &1, &2, ... — MOC/ENOBAaTENbHOCTb HE3aBUCHUMbBIX U OJUHAKOBO paclpeleséHHBIX CAydyaHHBIX BEJUYHUH C MJIOTHO-

CTBIO pacrpesesieHns
2z,

0,

ecan x € [0, 1],

/(@) ecan & [0, 1.

Jloxkasath, 4TO MPU N — 0O MOCJEN0BATENbHOCTD C.B. ¢y = max(&q,...,&n) CXOMUTCS MO BepOSITHOCTH K 1.

nyCTb El, 22, ... — NocJeaoBaTeJibHOCTb HE3aBUCHMBIX U OAWMHAKOBO paCHpeI[eJ'IéHHbIX CJ‘Iy‘{aﬁHbIX B&JINYWH, NTPUHHUMA-
IOIIHKUX 3HAYEHUA 1, 2udc PaBHbBIMHU BEPOATHOCTAMHU. CXOH,HTCH JIX TI0 BEPOSAATHOCTH IIPU N — OO MOCJeA0BaATEJIbHOCTH
4.+
¢n = — H wn =2 ? O60CHOBATD.
n

[lyctb cayuaiinas BeqwuwHa &, = & uMeeT pacnpeneserve bepayniu ¢ napamerpom 1/2. [IpoBepuTh 1O ONpeneeHH O,
CXOIMTCS JIK TI0 BEPOSITHOCTH MOCJIE0BATENBHOCTD &y K 1/2 mpu n — o0.

Hwmeercs 400 napajsesenunenoB, y Ka)KIOro M3 KOTOPBIX [JIMHA OfHOH M3 CTOPOH paBHa l, a A/MUHBI ABYX HOPYTHX
BeiOupatorcst Ha oTtpeske [0, 1] Haymauy (He3aBHCHMO APYT OT Apyra W HE3aBUCHMO OT [JIMH CTOPOH OCTa/bHBIX Ma-
pansenenunenos). [Tone3syscy LT, ykazaTb cHMMeTpHUHBlE OTHOCUTEJIbHO CPEIHETr0 3HAYEHUs TPAHHUIBI, B KOTOPBIX C
BeposATHOCTbIO 0,97 JIeXKUT CyMMapHBIH 00BbEM BCeX mapaJesienunenos.

CrryuafiHasi BeTUUMHA § MMeeT 110Ka3aTe/IbHOe pacnpeseieHue ¢ TapaMeTpoM 3, a NMoCae0BaTeNbHOCTh &1, &9, ... 3aaHa
PaBEHCTBOM: &y = & mpu Bcex n. [IpoBeputs, BhINOMHAETCS JM AJS TOH MocJenoBaTebHOCTH yTBepxaeHue LIITT.

Ilycte &1, &2, ... — He3aBUCHMBIE W ONMHAKOBO pacripeneséHHble HEBBIPOXKIEHHBbIE CJydalHblEe BeJHYHMHBl C KOHEYHOH

. Y
nucriepcuell U ¢ — uncgo. JlokazaTb, 4TO P(—n < c) — P(E&1 < ¢) npu n — 00, ecyii ¥ TOJbKO ecn EEq # c.
n

o.1.0. Howmep rpynmer

26 3 4 5a 56

2

IIpumeuanne. [lpu Mcnosnb30BaHUK JMIOOBIX yTBEPKAEHUEH CHOPMYIHPOBATH 3TH YTBEPKIEHHS M MPOBEPHUTb BBINOJHEHHE HX YCJIOBHH.

6.*

[lyctb &1, &9, ... — MOC/IENOBATENbHOCTD HE3aBUCHMbBIX H OJUHAKOBO PACIpeNeJEHHBIX CAyUYalHBIX BEJMYMH C TJIOTHO-
CTBIO pacrnpenesieHns
2 — 2z,

0,

ecan x € [0, 1],

J@) = ecan o & [0, 1.

Jlokasath, 4TO MPU N — 0O MOCJEN0BATENbHOCTD C.B. ¢y = max(&q,...,&n) CXOMUTCS MO BepPOSITHOCTH K 1.

[lyctb &7, &9, ... — MOCJENOBATENBHOCTD HE3AaBUCHMBIX U OJMHAKOBO paclpeleséHHbIX CAyYalHbIX BEJUUHH, TPUHHAMA-
IOIIKX 3HaueHusi T/6, /4 1 T/2 ¢ paBHBIMH BeposiTHOCTAMH. CXOASATCS JIM M0 BEPOSITHOCTH MIPH N — OO MOCJIEL0BATE ] b-
sin§] +...+sinép (&t +én
Pp = sin| ———
n n

? O60CHOBATb.

HOCTH Op =

K&=20

JlokasaTb 1o OmnpeeseHHio, YTO HMEET MECTO CXOAUMOCTD MO BEPOSITHOCTH MOC/IE0BATENBHOCTH &n = ——5
pH . — 00. n

Hwmeercs 1600 TpeyrosbHUKOB, Y KaXK/A0TO U3 KOTOPBIX AJHHA OCHOBAHHUS W JJIMHA BBICOTHI, IPOBEJEHHOH K 3TOMY OCHOBa-
HuUI0, BoiOupaioTes Ha otpeske [0, 1] Haynauy (He3aBUCHMO APYT OT APyra ¥ HE3aBHCHMO OT OCTAJIbHBIX TPEYTOJbHHUKOB).
[Tonbaysics LIIT, ykasaTe cCHMMeTpHYHbIE OTHOCHTEJBHO CPEIHEr0 3HAYEHHs TPaHHULB], B KOTOPHIX ¢ BeposTHocThio 0,9
JIEXKUT CyMMapHas MJollafb BCeX TPEYroJbHUKOB.

CnyuaiiHasi BelMuMHa & HMeeT paBHOMEpPHOe pacrpenesieHde Ha oTpeske [0, 2], a moc/enoBatesbHOCTb &7, &9, ... 3a1aHa
PaBEHCTBOM: &y = & mpu Bcex n. [IpoBeputs, BhINOMHAETCS JH AJS 3TOH MocJenoBaTebHOCTH yTBepxaeHue LII1T.

BriBecTH 3axkoH 6osblInX unces B (popMme HeOblléBa U3 LEHTPANbHON NpeNesbHON TeOPEMBI.
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