Ăńčěąàăĺçěáłĺľ ňěâőď őâëáłăŋĺï çĺáńă ŋěíłćĺćăńěŋâŋëå æĺłńĺçěáłĺå n-łàăâŋëå ŋăłàëâĺľ ŋăď łőňŕăłâŋëňĺ áćïğŋëňĺ ŕńőáłĺňĺ âàěåňěàŋëňĺ àĺňăŋőćëňĺ ňŋőčőőąàăğĺïňĺ

Ň. Ŋ. Ÿňăâłőć

Ć àăąőâě [1] ďőłăğăŋő, çâő á âőçŋőáâìî ďő ăääĺŋŋőčő ďĺääěőňőàäĺğňă áãéěáâćãěâ ć âőçŋőáâĺ 10 łńăááőć łőňŕăłâŋëå áćïğŋëå ŕńőáłĺå âàěåňěàŋëå àĺňăŋőćëå ňŋőčőőąàăğĺľ, ĺğ ŋĺå èěáâì łńăá-

áőć M1, M2, M3, M4, M5, M6 őàĺěŋâĺàãěňëå ňŋőčőőąàăğĺľ ĺ çě-

âëàě łńăááă N_1, N_2, N_3, N_4 ŋěőàĺěŋâĺàãěňëå (ŕàőáâàăŋáâćěŋŋëě âàěåňěàŋëě Ěćłńĺďőćë äőàňë).

Űěńìî ďăŋŋőľ àăąőâë ïćńïěâáï ŋăåőęďěŋĺě çĺáńă ŋěíłćĺćăńěŋâŋëå æĺłńĺçěáłĺå n-łàăâŋëå ŋăłàëâĺľ ŋăď ŕàőĺğćőńìŋëň łőňŕăłâŋëň áćïğŋëň ŕńőáłĺň âàěåňěàŋëň àĺňăŋőćëň ňŋőčőőąàăğĺěň M.

Ďńï ďőáâĺęěŋĺï íâőčő ŕãâěň őâëáłăŋĺï çĺáńă àěèěŋĺľ áőőâćěâáâćãîéěľ áĺáâěňë ńĺŋěľŋëå áàăćŋěŋĺľ ŕő ňőďãńî n őŕàěďěńïěâáï çĺáńő H_M (n) čőňőňőàäĺğňőć äãŋďăňěŋâăńìŋőľ čàãŕŕë π_1(M) ňŋőčőőąàăğĺï M ć æĺłńĺçěáłãî čàãŕŕã Z_n. Ğăâěň á ŕőňőéìî őŕàěďěńěŋŋőľ ăńčěąàăĺçěáłőľ âěåŋĺłĺ, ŕàĺćěďěŋŋőľ ć àăąőâăå [2, 3], ćőááâăŋăćńĺćăěâáï çĺáńő N_M (n) æĺłńĺçěáłĺå n-łàăâŋëå ŋăłàëâĺľ ŋăď ňŋőčőőąàăğĺěň M.

Őáŋőćŋëň àěğãńìâăâőň ďăŋŋőľ àăąőâë ïćńïěâáï áńěďãîéăï

Šěőàěňă 1. Ůĺáńő ŋěíłćĺćăńěŋâŋëå æĺłńĺçěáłĺå n-łàăâŋëå

ŋăłàëâĺľ ŋăď ŕàőĺğćőńìŋëň łőňŕăłâŋëň áćïğŋëň ŕńőáłĺň âàěåňěàŋëň àĺňăŋőćëň ňŋőčőőąàăğĺěň M, ć ğăćĺáĺňőáâĺ őâ ŕàĺŋăďńěęŋőáâĺ M őďŋőňã ĺğ łńăááőć ňŋőčőőąàăğĺľ M_1, M_2, M_3, M_4,

M5, M6, N1, N2, N3, N4, őŕàěďěńïěâáï ŕő áńěďãîéĺň äőàňãńăň: 1

2 Ň. Ŋ. ŸŇĂŠŁŐĆ

{ ďńï łńăááă M_1: ěáńĺ n = p^{α1}_1 . . . p^{αk}_k , čďě p_1 < � � � < p_k | ŕàőáâëě çĺáńă, âő

NM1 (n) =^{k∏}_{i=1} p^{2(αi�1)}i (p^2i + pi + 1),

{ ďńï łńăááă M_2:

NM2 (n) =

1, ěáńĺ n ŋěçěâŋő 7, ěáńĺ n = 2k, k ŋěçěâŋő, 4, ěáńĺ n = 2^tk, t > 1,

{ ďńï łńăááă M_3:

NM3 (n) =

1, ěáńĺ (3, n) = 1, â. ě. ŋěćěàŋő, çâő 3jn, 4, ěáńĺ n = 3k, (3, k) = 1, 3, ěáńĺ n = 3^tk, t > 1,

{ ďńï łńăááă M_4:

NM4 (n) =

1, ěáńĺ n ŋěçěâŋő, 3, ěáńĺ n = 2k, k ŋěçěâŋő, 2, ěáńĺ n = 2^tk, t > 1,

{ ďńï łńăááă M_5:

NM5 (n) = 1 ďńï ćáěå n,

{ ďńï łńăááă M_6:

NM6 (n) =

1, ěáńĺ n = 1, 3, ěáńĺ n = 2, 6, ěáńĺ n = 4, 0, ĺŋăçě,

{ ďńï łńăááă N_1: ěáńĺ n = 2^tp^{α1}_1 . . . p^{αk}_k , čďě 2 < p_1 < � � � < p_k | ŕàőáâëě çĺáńă, âő

NN1 (n) = k∏ i=1 (p^{αi}_i + p^{αi}�^1_i ), ěáńĺ t = 0,

2 �^k ∏ i=1 (p^{αi}_i + p^{αi}�^1_i ), ěáńĺ t = 1,

3 � 2^t �^k ∏ i=1 (p^{αi}_i + p^{αi}�^1_i ), ěáńĺ t > 1,

{ ďńï łńăááă N_2: ěáńĺ n = p^{α1}_1 . . . p^{αk}_k , čďě p_1 < � � � < p_k | ŕàőáâëě çĺáńă, âő

NN2 (n) =^{k∏}_{i=1} (p^{αi}i + p^{αi�1}i ),

ŇĚŠŐĎ ŐŠŻŚŁĂŊĹ§ ŮĹŚŃĂ ŊĂŁŘŻŠĹĽ 3

{ ďńï łńăááă N_3:

NN3 (n) =

1, ěáńĺ n ŋěçěâŋő, 7, ěáńĺ n = 2k, k ŋěçěâŋő, 4, ěáńĺ n = 2^tk, t > 1, { ďńï łńăááă N_4:

NN4 (n) =

1, ěáńĺ n ŋěçěâŋő, 3, ěáńĺ n = 2k, k ŋěçěâŋő, 6, ěáńĺ n = 2^2k, k ŋěçěâŋő, 4, ěáńĺ n = 2^tk, t > 2.

Ńĺâěàăâãàă [1] J. Wolf, Spaces of Constant Curvature, McGraw-Hill, 1967. [2] P. Hall, The Eulerian functions of a group, Quat. J. Math. Oxford 7 (1936),

134–151.

[3] G. A. Jones, Counting subgroups of non-euclidean crystallographic groups,

Math. Scand. 84 (1999), 23–39.

Ĺŋáâĺâãâ Ňăâěňăâĺłĺ ĺň. Ś. Ń. Śőąőńěćă ŚŐ ŘĂŊ

E-mail address: smn@math.nsc.ru