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ª®«ìæ , ã¤®¢«¥â¢®àïîé¨¥ â®¦¤¥áâ¢ã ¢¨¤  x2
= x3f(x), £¤¥

f(x) ∈ Z[x]

�. �. �ã§ì¬¨ 

� ¤ ®© à ¡®â¥ à áá¬ âà¨¢ îâáï  áá®æ¨ â¨¢ë¥ ª®«ìæ .

�®«ìæ® R  §ë¢ ¥âáï  à¬¥¤¥à¨§®¢áª¨¬, ¥á«¨ ¤«ï «î¡ëå ¬®£®ç«¥®¢

f(x) = a0 + a1x + ... + amxm ¨ g(x) = b0 + b1x + ... + bnxn ∈ R[x] ¨§ â®£®, çâ®
f(x)g(x) = 0, á«¥¤ãîâ à ¢¥áâ¢  aibj = 0 ¤«ï ¢á¥å i = 0, 1, ..., m ¨ j = 0, 1, ..., n.

�®«ìæ® R  §ë¢ ¥âáï á« ¡ë¬  à¬¥¤¥à¨§®¢áª¨¬, ¥á«¨ ¤«ï «î¡ëå ¬®£®-

ç«¥®¢ f(x) = a0 + a1x ¨ g(x) = b0 + b1x ∈ R[x] ¨§ â®£®, çâ® f(x)g(x) = 0,

á«¥¤ãîâ à ¢¥áâ¢  aibj = 0 ¤«ï i = 0, 1 ¨ j = 0, 1.
�â¬¥â¨¬, çâ® ¢® ¢á¥å ¨§¢¥áâëå  ¬ à ¡®â å (á¬., ¢ ç áâ®áâ¨, [1]{[4]),

¯®á¢ïé¥ëå ¨áá«¥¤®¢ ¨î  à¬¥¤¥à¨§®¢áª¨å ª®«¥æ, à¥§ã«ìâ âë ä®à¬ã«¨-

àãîâáï ¤«ï  áá®æ¨ â¨¢ëå ª®«¥æ á ¥¤¨¨æ¥©. � ¤ ®© ¦¥ à ¡®â¥ à áá¬ âà¨-

¢ îâáï  áá®æ¨ â¨¢ë¥ ª®«ìæ , ¥ ®¡ï§ â¥«ì® ¨¬¥îé¨¥ ¥¤¨¨æã.

�®«®£® ®¯¨á ¨ï  à¬¥¤¥à¨§®¢áª¨å ¨ á« ¡ëå  à¬¥¤¥à¨§®¢áª¨å ª®«¥æ

¯®ª  ¥â. � à ¡®â¥ [5] ®¯¨á ë ¬®£®®¡à §¨ï  áá®æ¨ â¨¢ëå  «£¥¡à  ¤ ¯®-

«¥¬, ¢ ª®â®àëå ¢á¥ ¯®¤¯àï¬® ¥à §«®¦¨¬ë¥  «£¥¡àë ï¢«ïîâáï  à¬¥¤¥à¨§®¢-

áª¨¬¨. � à ¡®â¥ [6] ¨áá«¥¤ãîâáï ¬®£®®¡à §¨ï ª®«¥æ, ¢ ª®â®àëå ¢á¥ ªà¨â¨-

ç¥áª¨¥ ª®«ìæ  ï¢«ïîâáï á« ¡ë¬¨  à¬¥¤¥à¨§®¢áª¨¬¨,   â ª¦¥ ®¯¨áë¢ îâáï

¬®£®®¡à §¨ï ª®«¥æ, ¢ ª®â®àëå ¢á¥ ¯®¤¯àï¬® ¥à §«®¦¨¬ë¥ ª®¥çë¥ ª®«ìæ 

ï¢«ïîâáï á« ¡ë¬¨  à¬¥¤¥à¨§®¢áª¨¬¨.

� áâ®ïé ï à ¡®â  ¯®á¢ïé¥  ¯®¤¯àï¬® ¥à §«®¦¨¬ë¬ ª®¥çë¬  à¬¥-

¤¥à¨§®¢áª¨¬ ª®«ìæ ¬, ã¤®¢«¥â¢®àïîé¨¬ â®¦¤¥áâ¢ã ¢¨¤  x2 = x3f(x), £¤¥

f(x) ∈ Z[x]. �á®¢ë¬ à¥§ã«ìâ â®¬ ¤ ®© à ¡®âë ï¢«ï¥âáï á«¥¤ãîé ï
�¥®à¥¬ . �ãáâì S { ¯®¤¯àï¬® ¥à §«®¦¨¬®¥ ª®¥ç®¥ ª®«ìæ®, ã¤®¢-

«¥â¢®àïîé¥¥ â®¦¤¥áâ¢ã ¢¨¤  x2 = x3f(x), £¤¥ f(x) ∈ Z[x]. �®£¤  ª®«ìæ® S
ï¢«ï¥âáï  à¬¥¤¥à¨§®¢áª¨¬ ¢ â®¬ ¨ â®«ìª® ¢ â®¬ á«ãç ¥, ¥á«¨ ª®«ìæ® S
ï¢«ï¥âáï á« ¡ë¬  à¬¥¤¥à¨§®¢áª¨¬.
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