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�ãáâì G | ª®­¥ç­ ï £àã¯¯ , ¨ ω(G) | ¥¥ á¯¥ªâà, â® ¥áâì ¬­®¦¥áâ¢® ¯®-

àï¤ª®¢ ¥¥ í«¥¬¥­â®¢. �®¢®àïâ, çâ® G à á¯®§­ ¢ ¥¬  (¯® á¯¥ªâàã), ¥á«¨ G |

¥¤¨­áâ¢¥­­ ï, á â®ç­®áâìî ¤® ¨§®¬®àä¨§¬ , £àã¯¯ , ¨¬¥îé ï á¯¥ªâà ω(G).
�àã¯¯ë á ®¤¨­ ª®¢ë¬ á¯¥ªâà®¬ ­ §ë¢ îâáï ¨§®á¯¥ªâà «ì­ë¬¨. �ãé¥áâ¢¥­-

­ë© ¨­â¥à¥á ¯à¥¤áâ ¢«ïîâ £àã¯¯ë, ¨§®á¯¥ªâà «ì­ë¥ ¯à®áâë¬ £àã¯¯ ¬. �¥à¥§

An ®¡®§­ ç¨¬ §­ ª®¯¥à¥¬¥­­ãî £àã¯¯ã áâ¥¯¥­¨ n.
�« áá¨ä¨ª æ¨ï ª®­¥ç­ëå ¯à®áâëå £àã¯¯ ãâ¢¥à¦¤ ¥â, çâ® ¢áïª ï ­¥ ¡¥«¥-

¢  ª®­¥ç­ ï ¯à®áâ ï £àã¯¯  ¨§®¬®àä­  «¨¡® ®¤­®© ¨§ £àã¯¯ «¨¥¢  â¨¯ , «¨¡®

§­ ª®¯¥à¥¬¥­­®© £àã¯¯¥ ­¥ª®â®à®© áâ¥¯¥­¨ ¡®«ìè¥© 4, «¨¡® ®¤­®© ¨§ 26 á¯®à -

¤¨ç¥áª¨å ¯à®áâëå £àã¯¯. �§¢¥áâ­®, ª ¦¤ ï ¨§ á¯®à ¤¨ç¥áª¨å ¯à®áâëå £àã¯¯,

§  ¨áª«îç¥­¨¥¬ £àã¯¯ë �­ª® J2, à á¯®§­ ¢ ¥¬ . � ª¦¥ ¤®ª § ­®, çâ® ª ¦¤ ï
ª®­¥ç­ ï £àã¯¯ , ¨§®á¯¥ªâà «ì­ ï ¯à®áâ®© ¨áª«îç¨â¥«ì­®© £àã¯¯¥ «¨¥¢  â¨-

¯  H, ¨¬¥¥â ª®¬¯®§¨æ¨®­­ë© ä ªâ®à, ¨§®¬®àä­ë© H. � «¥¥, ¤®ª § ­®, çâ®

¢áïª ï £àã¯¯ , ¨§®á¯¥ªâà «ì­ ï ª®­¥ç­®© ¯à®áâ®© ­¥¨áª«îç¨â¥«ì­®© (ª« á-

á¨ç¥áª®©) £àã¯¯¥ «¨¥¢  â¨¯ , ¨¬¥¥â ¥¤¨­áâ¢¥­­ë© ­¥ ¡¥«¥¢ ª®¬¯®§¨æ¨®­­ë©

ä ªâ®à. � [2] ¤®ª § ­®, çâ® ¯à¨ n ≥ 5 £àã¯¯  H, ¨§®á¯¥ªâà «ì­ ï £àã¯¯¥ An

¨ ¨¬¥îé ï ª®¬¯®§¨æ¨®­­ë© ä ªâ®à, ¨§®¬®àä­ë© íâ®© £àã¯¯¥, ®¡ï§ ­  ¡ëâì

¥© ¨§®¬®àä­ . � «¨ç¨¥ ¢ £àã¯¯¥, ¨§®á¯¥ªâà «ì­®© An, ª®¬¯®§¨æ¨®­­®£® ä ª-

â®à , ¨§®¬®àä­®£® An, ¤®ª § ­® ¢ à ¡®â å [3] ¨ [4] ¤«ï n à ¢­®£® p, p+ 1 ¨«¨

p+2, £¤¥ p | ¯à®áâ®¥ ç¨á«®, ¡®«ìè¥¥ 7, ¨«¨ n à ¢­® 5. �¬¥áâ¥ á à¥§ã«ìâ â ¬¨

à ¡®âë [2] íâ® ¢«¥ç¥â à á¯®§­ ¢ ¥¬®áâì £àã¯¯ ãª § ­­ëå áâ¥¯¥­¥©.

� ®¡§®à¥ �¨ª.�. � §ãà®¢  [1] ¢ á¯¨áª¥ ­¥à¥è¥­­ëå ¢®¯à®á®¢ ¯®¤ ¯ã­ªâ®¬

2 §­ ç¨âáï: "�¥à­® «¨, çâ® §­ ª®¯¥à¥¬¥­­ ï £àã¯¯  An ¯à¨ n > 10 à á¯®§­ -

¢ ¥¬ "? �à¨ íâ®¬ ¨§¢¥áâ­®, çâ® £àã¯¯  An à á¯®§­ ¢ ¥¬  ¯à¨ 11 ≤ n ≤ 21.

�à¨ n = 22, ¢®¯à®á ¡ë« ã¦¥ ®âªàëâ.

�¥à¢ë© è £ ­  ¯ãâ¨ ¤®ª § â¥«ìáâ¢  à á¯®§­ ¢ ¥¬®áâ¨ ª®­¥ç­®© ¯à®áâ®©

£àã¯¯ë | ¯à®¢¥àª  ­ «¨ç¨ï ã íâ®© £àã¯¯ë £« ¢­®£® (ª®¬¯®§¨æ¨®­­®£®) ä ª-

â®à , ¡«¨§ª®£® ¥© ¯® á¢®©áâ¢ ¬.

�¥®à¥¬  1. �ãáâì G | ª®­¥ç­ ï £àã¯¯ , ¨§®á¯¥ªâà «ì­ ï £àã¯¯¥ An ¤«ï

­¥ª®â®à®£® n ≥ 22. �®£¤  ­ ©¤¥âáï â ª®¥ k, çâ® ­¥ª®â®àë© £« ¢­ë© ä ªâ®à

£àã¯¯ë G ¨§®¬®àä¥­ £àã¯¯¥ Ak, ç¨á«® k ­¥ ¯à¥¢®áå®¤¨â n, ¨ ¯®«ã¨­â¥à¢ «

(k, n] ­¥ á®¤¥à¦¨â ¯à®áâëå ç¨á¥«.
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2 �. �. ������

�á­®¢ë¢ ïáì ­  â¥®à¥¬¥ 1 ¨ ­¥ª®â®àëå â¥®à¥â¨ª®-ç¨á«®¢ëå ®æ¥­ª å, á¢ï-

§ ­­ëå á ¯à®¡«¥¬®© �®«ì¤¡ å  ¨ à á¯à¥¤¥«¥­¨¥¬ ¯à®áâëå ç¨á¥«, ã¤ ¥âáï ¯®-

«ãç¨âì á«¥¤ãîé¨© ª ç¥áâ¢¥­­ë© à¥§ã«ìâ â.

�¥®à¥¬  2. �ãé¥áâ¢ã¥â â ª®¥ ç¨á«® m, çâ® £àã¯¯  An à á¯®§­ ¢ ¥¬ 

¯à¨ «î¡®¬ n, ¡®«ìè¥¬ m.

� ª¦¥ ­  ®á­®¢¥ â¥®à¥¬ë 1, ­® ã¦¥ á ¡®«ìè¥© ¤®«¥© ­¥¯®áà¥¤áâ¢¥­­ëå

¢ëç¨á«¥­¨© ¨ ¨á¯®«ì§®¢ ­¨¥¬ ª®¬¯ìîâ¥à , ãáâ ­®¢«¥­ á«¥¤ãîé¨© à¥§ã«ìâ â.

�¥®à¥¬  3. �àã¯¯  An à á¯®§­ ¢ ¥¬  ¯à¨ 22 ≤ n ≤ 106.

� ¡®â  ¢ë¯®«­¥­  ¯à¨ ä¨­ ­á®¢®© ¯®¤¤¥à¦ª¥ ���� (¯à®¥ªâ ò 07-01-

00148 ).
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