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�¯¥à â®à®¬ ¢¥â¢ïé¥£®áï ¢à¥¬¥¨  §ë¢ îâ ®¤®¬¥áâãî á¢ï§ªã β, ª®â®-
à ï ¢ ¨âã¨æ¨®¨áâáª¨å ¬®¤¥«ïå �à¨¯ª¥ ¨â¥à¯à¥â¨àã¥âáï á«¥¤ãîé¨¬ ®¡à -
§®¬: x � β(A) :⇔   «î¡®¬ ¯ãâ¨, ¢ëå®¤ïé¥¬ ¢¢¥àå ¨§ x,  ©¤ñâáï â®çª  y,
â ª ï, çâ® y � A.

�à¨ ãª § ®© ¨â¥à¯à¥â æ¨¨ ®¡é¥§ ç¨¬ë á«¥¤ãîé¨¥ ä®à¬ã«ë:
p → β(p), β(p → q) → (β(p) → β(q)), β(β(p)) → β(p), β(p) → ¬¬p.

�§¢¥áâ®, çâ® íâ¨ ç¥âëà¥  ªá¨®¬ë  ¤¥ª¢ â® å à ªâ¥à¨§ãîâ ®¯¥à â®à ¢¥â¢ï-
é¥£®áï ¢à¥¬¥¨ ¢ ª« áá¥ ¤¥à¥¢ì¥¢ ¢ëá®âë � ω á ª®¥çë¬ ¢¥â¢«¥¨¥¬.

�¯¥à â®à®¬ â¨¯  ¢¥â¢ïé¥£®áï ¢à¥¬¥¨   ¯á¥¢¤®¡ã«¥¢®©  «£¥¡à¥ (¯.¡. .)
(B;�,�, �,−;�) ¡ã¤¥¬  §ë¢ âì ®â®¡à ¦¥¨¥ �: B→B, ã¤®¢«¥â¢®àïîé¥¥ ãá-
«®¢¨ï¬ X � �(X), �(X�Y ) � (�(X)��(Y )), �(�(X)) � �(X) ¤«ï ¢á¥å X, Y ∈
B.

�ª «  | ¥¯ãáâ®¥ ç áâ¨ç® ã¯®àï¤®ç¥®¥ ¬®¦¥áâ¢® (W,≥). �®ãá ¢
èª «¥ | ¯®¤¬®¦¥áâ¢®, § ¬ªãâ®¥ ®â®á¨â¥«ì® ã¢¥«¨ç¥¨ï. �à¨¬¥à ª®ãá 
| Wx := {y ∈ W | y ≥ x}. �®¦¥áâ¢® ConW ª®ãá®¢ èª «ë W ï¢«ï¥âáï

¯à¨¬¥à®¬ ¯.¡. . á  ¡®à®¬ ®¯¥à æ¨© (∪,∩,⊃,−). �¤¥áì X⊃Y := {x ∈ W |
X ∩ Wx ⊆ Y ∩ Wx} ¨ −X := {x ∈ W | X ∩ Wx = ∅} | ®â®á¨â¥«ì®¥
¯á¥¢¤®¤®¯®«¥¨¥ ¨ ¯á¥¢¤®¤®¯®«¥¨¥,   ∪ ¨ ∩ | ®¡ëçë¥ ®¡ê¥¤¨¥¨¥ ¨
¯¥à¥á¥ç¥¨¥.

�«ï ¯.¡. . ConW ¢á¥å ª®ãá®¢ èª «ë W ®¯¥à â®à â¨¯  ¢¥â¢ïé¥£®áï ¢à¥-
¬¥¨ ¬®¦® § ¤ âì á ¯®¬®éìî â.. ¯®¤¬®¦¥áâ¢  ®â¬¥ç¥ëå â®ç¥ª. � -
ä¨ªá¨àã¥¬ ¯®¤¬®¦¥áâ¢®D ⊆ W ¨ ®¯à¥¤¥«¨¬ ®â®¡à ¦¥¨¥ 	: ConW→ConW
á«¥¤ãîé¨¬ ®¡à §®¬: 	(X) := {x ∈ W | Wx ∩ D ⊆ X}.

�¥®à¥¬  1. � ¦¤®¥ ¯®¤¬®¦¥áâ¢® ®â¬¥ç¥ëå â®ç¥ª D ⊆ W § ¤ ñâ

®¯¥à â®à â¨¯  ¢¥â¢ïé¥£®áï ¢à¥¬¥¨   ConW ; à §ë¬ ¯®¤¬®¦¥áâ¢ ¬ ®â-

¬¥ç¥ëå â®ç¥ª á®®â¢¥âáâ¢ãîâ à §ë¥ ®¯¥à â®àë.
�à¨¬¥àë: ( ) ¥á«¨ D = W , â® 	(X) = X (â®¦¤¥áâ¢¥ë© ®¯¥à â®à);
(¡) ¥á«¨ D = ∅, â® 	(X) = W (¥¤¨¨çë© ®¯¥à â®à);
(¢) ¥á«¨ ¢ ª®¥ç®© èª «¥ ¢ ª ç¥áâ¢¥ D ¢§ïâ® ¬®¦¥áâ¢® ¬ ªá¨¬ «ìëå

â®ç¥ª, â® 	(X) = −−X (¤¢®©®¥ ¯á¥¢¤®¤®¯®«¥¨¥).

�¥®à¥¬  2. �«ï ª®¥ç®© èª «ë W ¢áïª¨© ®¯¥à â®à â¨¯  ¢¥â¢ïé¥£®-

áï ¢à¥¬¥¨   ConW ®¯à¥¤¥«ï¥âáï ¥ª®â®àë¬ ¯®¤¬®¦¥áâ¢®¬ ®â¬¥ç¥ëå

â®ç¥ª D ⊆ W .
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� ¬¥ç ¨¥. �«ï ¡¥áª®¥çëå èª « â¥®à¥¬  2 ¢ ®¡é¥¬ á«ãç ¥ ¥ ¢ë¯®«-
ï¥âáï. �®¦® ¯à¨¢¥áâ¨ ¯à¨¬¥à ¡¥áª®¥ç®© ¤à¥¢®¢¨¤®© èª «ë,   ª®â®à®©
áâ ¤ àâë© ®¯¥à â®à ¢¥â¢ïé¥£®áï ¢à¥¬¥¨ ¥ ®¯à¥¤¥«ï¥âáï ¨ª ª¨¬ ¯®¤¬®-
¦¥áâ¢®¬ ®â¬¥ç¥ëå â®ç¥ª.
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