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OnHuM U3 ecTeCTBEeHHBIX My Teil olpeeIeHns MpeInKaTa ABIAETCA BBEIEHHIE ero
KaK HEeMOJBUKHOII TOYKM HEKOTOPOTO Oleparopa. IDTO — HeABHOE OIpele/eHue.
Ecan u3zBecTHO, 9TO HENMOABUKHBIE TOYKHU ONPEIEIUMbI, T.€. BBIPAXKAIOTCA Yepe3
napaMeTphbl, TO 3TO TAPAHTUPYET CYIIECTBOBAHUE sIBHOIO ONPEILIeHNs. 3a9acTyIO
HEeABHOE OIpeesIeHIe CYIEeCTBEHHO Kopode aBHOro. UTobbl ABHOE opeieieHne Obl-
JIO MefiCTBUTETHHO ABHBIM HY )KHO, YTOOBI CYIIECTBOBAJT JITOPUTM IMOCTPOEHU A HTOTO
ompejesienus. B 3Toil cTarbe Mbl HCCIELYEM ONPEIETUMOCTD HEIOABUKHBIX TOYEK
B TOJIUMOJIA/TLHOM #3bIKE CUUTAIONUX MopajibHocTeil. [y MOmaJbHOrO Ciiydas
IMeeTCs M3BEeCTHas TeopeMa O HemoABMKHOII Touke. Mbl 0b60obmaemM 3Ty Teopemy
Ha fA3BIK CUMTAIOMUX Moaa/bHOCcTel. OTcioga HeTPYIHO CJIeIyeT ONpPeaeTUMOCTh
HAMMEHBIINX HEMOIBUKHBIX TOYEK B MO3UTUBHOM cJIydae. Kpome Toro, B KauecTne
CJIEJICTBUS U3 PaHee OnyO0/JIMKOBAHHBIX PE3Y/ILTATOB MOJIyYaeM ONPEeIe/ IMMOCTD Hau-
MEHBIINX HEMOABUKHBIX TOUYEK B MOJIE/IAX, OCHOBAHHBIX HA HATYPaJIbHBIX YHC/IaX.

IIponosuyuorasrvrvie Gopmyav, B A3bIKE CUATAIONINX MOIATHLHOCTEH COCTABIIA-
IOTCs W3 MPOTO3UINOHAIBHON KOHCTAHTHI L (JI0Kb) M MPONO3UINOHAIBHBIX Tepe-
MEHHBIX P, ¢, T, . .. C TOMOIIHIO OMHAPHBIX JIOTHIECKUX CBA30K /A, V, YHAPHBIX CBA30K
= u Uy 114 Bcex HATYpaabHBIX k. POPMYJIBI B 9TOM A3BIKE HA3BIBAEM CUUTAIONIUMHE
MOJIAJTbHBIME (bOpMYyTaMU.

Bxox nenne nepeMenHoii ujim KOHCTAHTHI B (hOPMYJTy HABBIBAETC

1) modaruzosantbLm, €CIIH HTO BXOKICHUE HAXOMUTC MO IeficTBUEM HEKOTOPOil
CBA3KU Buga L,

2) NO3UMUBHbBLM, €CITH HTO BXOXKIEHIE HAXOMANTCH IO IefiCTBHEM YeTHOTO YnC/Ia
oTpHuIaHKil (9TO YUCTIO MOKET ObITh PABHO HYJIO),

DyeM HCIOJb30BaTh CTaHIapTHBIE obo3HadYeHnsa | = -1, Ora = =y —a.

Txanra Kpunkxe (W, R) cocTout u3 HemycToro Muoxectsa W u GUHAPHOTO OT-
nomrenusi R na W.

Ornomenne R Ha3bIBAETCA CMPO2UM 4aCMUNHbIM Nopadkom, ecin R uppediek-
cuBHO u TpansutuBHO. [kana (W, R) sABasercs mWKaIol ¢ 00pbisom 603pacmaro-
wux yeneti, €CJIU B Hell He cymecTByeT OECKOHEYHOIi ToC/1e10BaTeIbHOCTH 1, L3, . . .
TaKoii, 94TO Bce x; pas3judnbl u x; Rx; | nyisa Beex ¢ > 1.

Modeav Kpunkxe (W, R,v) cocrour n3 mkasasl Kpunke (W, R) n o3HaunBanus
v. Dpu sTOM roBOpHM, uTo Momesnb Kpunke (W, R,v) ocnosana mkane Kpunke
(W,R). Osnauusanue v — 9510 (GYHKIUsA, KOTOpasd KaxKJIOH MepeMeHHoil ¢ cTa-
BHT B COOTBETCTBUE MOAMHOXKECTBO v(¢) MHOXKecTBa W. D10 mogMHOXKECTBO ¥(q)

HA3BIBAETCS 3HG4eHUeM mepeMennoiti ¢. Cuuraem, 9TO HMepeMeHHas WCTUHHA HA
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9JIEMEHTAX CBOEro 3HAYeHUs. JSHAYEHHe NePeMEeHHO ¢; 0003HAaINM COOTBETCTBYIO-
meit mponucHoit 6yKBoit ();. PYHKINA v €CTECTBEHHBIM 00Pa30M IPOI0IKACTCA HA
dopmysIBl: KOHCTaHTE | BCerma COOTBETCTBYET IMyCTOe MHOXKECTBO, CBA3KaM —, A,
V COOTBETCTBYIOT HOINOJIHEHNE, Iepecedenne, oobeannenne MaoxecTB. Cnsske [
COOTBETCTBYET CJIeIYIONasi Omepamus Ha MHO)KeCTBax: ecjm A — HOIMHOXKEeCTBO
MHOKecTBa W, To MHOXKecTBO [ A coCTOMT M3 BCEX TAKHX X, ITO BBIMOJIHAETCS
ycraoBue: | < k, tie | — 370 4ucJI0 BeexX Takux y, 4o xRy u y ¢ A. DerpyaHo mnpo-
BEPUTH, YTO MHOXKECTBO <>kA COCTOUT U3 BCEX TAKUX T, YTO BBIIIOJIHACTC YCJIOBHUEC!
[ > k, tne | — o710 9mcso Becex takux y, 410 xRy m y € A (I moxker ObITh paBHO
beckoneunoctn). Kpome toro, cBsasku Qg u [y TpuBuanbuel: (oA paBHO Bcemy
muoxectBy W monenn s siroboro A, a ClyA Bcerma mycro. 3amernm, uro [y —
9T0 OoObIYHAs cBA3Ka [, a {7 — 910 {. Dodromy Oymem mHOrma nucarh (1 u
BMmecto [, u {; coorBercTBeHHO. Bummm, 4To 3nadenue (pOpMyJIbl BCET1a, SBJISET-
cs1 monMHOKecTBoM MHOXKecTBa W. ['oBopuMm, aro dopMysia ucmuHHa Ha 37TEMEHTe
MOJIE/TH, €CJTH 3JIeMEHT IPUHAITeKUT 3HATEHIIO 9T0i (popMyibl. 3HadeHne hpopMmy-
ael a(qy, - .., Qn) 0003HAUNM Yepe3 a(Q, ..., Q). Popmyna o ucmunka B MOIEIN
(W, R,v), ecoin @ uCTUHHA Ha, KaxkI0M seMente mojgesn. Popmyra a 00uje3nau-
ma Ha mKase (W, R) ecan o nuctuaHa B Kax1oi monesn (W, R, v ), ocHOBaHHOII Ha
sroit mKasie. Obo3HadeHne (v~ (3 03HAYAET, YTO (POPMYJIBbI v U [ TPUHUMAIOT OJTHO
1 TO K€ 3HAaYeHne HA HeKOTOPOM KJIacCe MOojesieil, KOTOPhI B KaXkK/I0M KOHKPETHOM

cJiydae OyJieT sCeH U3 KOHTEKCTa.

Dycrh nana cuntaromasi dopmysna ©(p,qi, ..., ¢,) OT TEPEMEHHBIX P, 1, - - - , (p-
Dacemorpum Mozeb (W, R, v ), B KOTOpoil 3amaubl 3HadeHus (1, . .., (), nepemMeH-
HBIX (1,...,(n, & 3HaYEHHE HepeMeHHON p He 3amano. DPopmyna o(p,qi,. .., Gn)

ompenesser na monenu (W, R,v) omeparop F,(P) = ¢(P,Q1,...,Qn), KOTODHIi
KaxI0My MHOXKecTBy P comoctaBisier MHOKeCTBO o(P,Q1,...,Q,). T.e. mepe-
MEeHHOI p mpumgaercs 3Hadenne P u paccMmarpuBaercs 3HadeHue (hOpMyJibl ( IPH
9ToM O3HaunBaHuu. Oneparopbl TAKOrO BUIA HA3Z0BEM CUUIMAHOUUMU.

Ecin kaxkmoe BXOKIeHHE mepeMeHHoil p B dopmyty ¢(p, qi, - . ., ¢,) MOTATH30-
BAHHOE, TO HA30BeM 5Ty (POPMYJILY M00aAU306aHHOT IO IEPEMEHHOI p, a OIepaTop
F, nmazosem modanusosarnvim. Ecam xaxmgoe BXoxKIeHne nepeMeHnoit p B dop-
myay ©(p,qi,---,Qn) TO3UTHBHOE, TO Ha30BeM 5Ty (DOPMYJIy no3umueHol mo p, a
omepaTop F, HA30BEM NO3UMUGHBLM.

Dycry mana mkamta (W, R). Daccmorpum oneparop F, He ob6s3aresbuo hop-
MyJIbHBIN, KOTOPBI Kaxkomy mnoaMuoxkectBy A muo)kectBa W comocrasiisier He-
Koropoe mopMuoxecTBo F'(A) muoxecrsa W. MuoxecrBo P Ha3bIBaeTCH HENo-
deuptchoti moukoti oneparopa F', eciu Beinonusercs P = F(P). Takum obpasom,
HEIIO/IBIKHAA TOUKA (bOPMYIIBHOTO oeparopa [, ABIAETCH pelleHneM ypaBHeHnd
P = p(P,Q,...,Q,). Eciu nenompukuas Touka P coBnagaer B MOIeIN CO 3Ha-
deHreM HEeKOTOpoit hopmysibl w(qi, ..., ¢,), TO 9Ta hopMyIa w onpedessem Hemo-



JIBUKHYIO TOUKY P B maHHOiT Momem. Dasoem a1y dopmyay onpedeastoweti. Ona
JTaeT ABHBIII BU PeIleHus.

Onpenenstomast Gopmyaa w(qy, . . ., Gn) COTPAHACM NOZUMUEHOCTD NAPAMEMPOS,
ecJIn 11715t JTI0DOTO TTapamMeTpa ¢; BBITIOJIHAETCS CJIeMyoIee yeaIoBue: ecan (popMyJia
o(p,q1, ..., qy) MO3UTUBHA 1O ¢;, TO U dopmyna w(qy,. .., q,) TOBUTUBHA 1O ;.

L1t TorOo, 9T00BI COPMYTMPOBATH U3BECTHBI Pe3y/IbTaT, pACCMOTPUM MOIAIb-
HBIil A3bIK. B Hem (opMy bl cOCTaBIAIOTCA W3 MPOMO3UINOHAIBHONR KOHCTAHTHI |
(JI0Kb) M MPOHO3UIMOHAIBHBIX EPEMEHHBIX P, ¢, T, ... C MOMOIIHI0 OWHAPHBIX JIO-
I'MYecKux CBA30K A, V, yHapubix cBa3ok — u [J. IIlupoko uzBectna Teopema o
HEIOIBUKHOII ToUKe, KoTopas npuaamiexut K. Depuapan, . ne Moury, K. Cmo-
punckomy u [Ix. Cambuny [2, 10, 7]. Dra TeopeMa roBOpUT 0 MOAAJBHOI JIOTHKE
GL. Ussectro, [9, 3, 6], 9T0 9Ta JIOrMKa COBIAIAET C MHOKECTBOM (hOPMYJI, 00-
HMIE3HAYMMBIX Ha, BCEX CTPOr0 YaCTUYHO YHOPSAMOYEHHBIX HIKaJ ¢ 0OOPbIBOM BO3pa-
craomux meneit. B repMuHax manHOl cTaThbu ee MOXKHO C(HOPMYTUPOBATH TaK:

Teopema 1 (0 HenmomBuXKHOU TOuYKe) /[/1s JIIO6OrO0 MOIATHZ0BAHHOTO OIIEPA-
ropa F, ero nenonsuzkHas T04Ka B JII000# CTPOro 4acTUYHO YIIOPAI0YeHHOI MoJie-
s Kpuiike ¢ 06pbhIBOM BO3pacTalOmnX Herell CYyIIeCTBYeT n eIMHCTBeHHA 1, KPOMe
TOro, CyHIeCTBYET (popMyJia w, ONMPEnesAomas 3Ty TOIKY BO BCEX TaKHX MOJIEJIAX.

Ectb pasHble KOHCTPYKIIUHU oOlpenessdioneil (hopMyabl, oaHa U3 KOHCTPYKIIHit
npunagiexur [1x. Cambuny [8]. Ona mosposisier JaTh KOPOTKOE TOKA3ATEIbCTBO
9TOM TeopeMsl [5].

Bepraemcs K cumTaomuM MOJAJILHBIM (bopMysIaM 1 000OIMUM TeopeMy O Helo-
OBUKHOI TOYKE C MOJAJILHOI'O SA3BIKA HA A3BIK CUNTAIONINX MOIAJILHOCTEIA.

Teopema 2 /[i1s j1ioboro cumraoniero Mogain3oBaHHoro omneparopa F, ero ne-
MOJBHXKHAA TOIKA B JIIOOOI CTpOro 4acTHIHO ymopsAgodeHHoii momen Kpuike c
0OpPBIBOM BO3pAaCTAIONIHX IIEHeil CyIMecTByeT U eqHHCTBEHHA U, KPOMe TOro, CyIIe-
CTBYET CYUTAIOMAs (hOPMYJIa W, OMPEIe/IAIONMAd ATY TOUYKY BO BCEX TAKHX MOJEJIX.
@opmyJia w COMEPKUT TOJILKO Te CBA3KU Bua L, KoTopble BXOAAT B ©.

3ameuanue I3 TeopeMbl cieayer, UTO €CJU p U3 CBA30K BuIa [l comepzKur
TOJIbKO [, TO ecTh ABIAETCA MOIAIbHOI (opMyIOil, TO 1 W ABIAETCA MOTAIbLHOI
dopmyitoit. Takum obpaszom, 3Ta Teopema IefCTBUTEIBHO 0000IaeT TeopemMy o
HENOIBUKHON TOYKE.

JlokazareqabCcTBO TeopeMbl. CHada/Ia JOKAKEM JIEMMY.

Jlemma 1 CymecTByer cunTaromas ¢opMy/ia w O CBOHCTBOM: €CJH B CTPOIO
qaCTHYIHO YIIOPAJOIEHHOI MOgesn ¢ 0OPbIBOM BO3paCTAIOIINX IHeleil HelOABUKHA
TO4Ka cumTaomero oneparopa F, cymecrsyet, To ona onpenesnsercsa (popmyioi w
" IT09TOMY €IMHCTBEHHA.

HoxkazareabcTBOo. KoHCTpYKIUsA onpenesdionieii (popMy bl aHATOTHIHA KOH-



crpykiun Cambuna [8]. DpencraBum ¢ B Buie

a(l:lklﬁl(pa qi, - - - an)a .. '7kaﬁm(p7 qi, - - '7qn)7q17 .. an)

JlokasbiBaeM UHIYKIHEH 110 m.

Daszuc nugyknun m = 0. Torma ¢ He COTEPKUT p, HOITOMY HEMOABUKHAS TOUIKA
eIMHCTBEHHA, U OIPeIe/IsgeTcs (POPMYJIOit ¢. DOJI0KIM w = .

Mlar napykumm m — m + 1. Oyers ¢ = a0y, Bry -, Ok Bt @1y - - -5 Gn)-
Hna kaxmoro 1 < @ < m+ 1 BBemem dhopmyity

Yi = a(Dklﬁla R Dkiflﬁifla T7 Dki+1ﬁi+17 R ka+1ﬁm+17 qiy .-+, QTL)

D0 MHIYKINOHHOMY IIPEIIOJIOKEHUIO TTIOCTPOEHB (hOPMYIBI Wi(q1, - - -, ¢y ), OUPEIe-
JIAIONINE HeMOABMKHBIE TOYKN OIepaTopos F, . DyCcTh B MOIe/N CyIeCTByeT Hero-
IBUKHAA TouKa I oneparopa F,, Bo3bMeM ee B KauecTBe 3HaUCHUsA IePeMEeHHOIl p.

IokaxeM, 4TO
VaVi(z F Oy, 0 < o F O Bi(wi, q1s - - -5 Gn))-

Iycrs x ¥ U, [ DaccMOTPEM MHOXKECTBO B Bcex 3/7€MEeHTOB y > & TaKUX, 4ITO
y ¥ ;. B nem ue menee k; 3/1eMeHTOB. DeTpymaHO BeIOpaTh nmogmuoxkectBo K C B
TaKoe, ITO

1) K coctout us k; 3JIeMEHTOB,

2) s moboro y € B Bemonuserca Vz((y < z & z € B) =z € K).

Danpumep, BoibepemM MHOKeCTBO K ciiemytomum o6pa3oM (HATIOMHUM, 9TO B CH-
JIy yCJIOBUsI OOPBIBA BO3PACTAIOMINX Iereil B JTI000M MOAMHOKECTBE UMEIOTCS MaK-
cuMasbHbIe 91eMenThl). CHavYaa pacCMOTPUM MHOXKECTBO M BCEX MAKCHMAJTbHBIX
9JIEMEHTOB MHOKecTBa B. Ecin B HeM He MeHbIIe k; 371eMEHTOB, TO BEIOEPEM 13 HIX
k; mTyK. DO0JI0KHAM, 9TO MHOKEeCTBO K cocTonmT m3 3Tux sjiemenToB. Ecym B M,
MeHbIe k; 3/IeMeHTOB, TO COOEPEM BCe ATH JTEMEHTHI B MHOXKECTBO K 1 IIPOIOTK M
OCTPOeHne MHOXKeCTBa K. DaccMOTpUM MHOKECTBO My MaKCHMAJIbHBIX DJIeMEH-
ToB B MHO)kecTtBe B\ M;. Hobepem B K Hemocraiolniee KOJIMYECTBO JIEMEHTOB B
MuoxkecTBe My. Eciu 1o npexneMy HexBaTaeT, TO pacCMaTpuBaeM MHOKeCTBO Msj,
CTPOSIIeecs aHAJTOTHIHO, I T.II.

YaccMoTpuM JTI060it astement y € K. U3 Hero moctuxkumo menee k; 371eMEHTOB,
Ha KOTOPBIX JIOXKHA [3;, I09TOMY [/l BCEX 2 > ¥ BblosHAercs 2 F L, §;. Dosromy
3amena L, 3; Ha T He Biuser Ha 3HadeHue (HOPMYJIbl B HOIMOJIE/IN, OCHOBAHHOI
Ha {z|z > y}. B oroit monmonemn P N{z|z > y} ABIAETCA HENOABUKHON TOU-
KOii. D0 HHIYKIMOHHOMY MIPEIIOI0KEHAI0 9Ta HEIOABUKHAA TOUKA ONPEIeTAeTCS
dopmyJI0it w;. DosTOMY 3aMeHa p Ha w; HE BIMAET HA UCTUHHOCTH (POPMYJIBI Ha .
Dosyuaem y ¥ [;(wi, q1, - -+ qn), orcioma x ¥ Oy, i (Wi, q1y - -+, Gn)-

Dycrb x F Oy, f;. B monmonenn, ocnoBanuoii Ha {z | 2 > x}, HeMOABIKHAL TOUKA
0 THIYKIIMOHHOMY IIPEIIOJI0KEHNIO OmpenessseTrcsa (hopMyIoi w;. Dosromy 3ame-

Ha P HA W; HE BJINAET Ha NCTUHHOCTH opmysibl Ha x. 3uadut x E Oi. G (wi, q1, - - -, ¢n)-



Urak, samena [y, f3; wa Oy, i (wi, ¢1, - - . , Gn) He BinsieT Ha 3HAUeHHE HOPMYIIBI ©.
Do03ToMy opmyaa

w= a/(ljﬁl(wh(h: cee 7QTL)7 H '7Dﬁm+1(wm+17(h7 cee 7qn)7q17 H 7QTL)

onpejie/isfeT eJUHCTBeHHYIO HeIIOIBUKHYI0 TOUKy oneparopa F,. Jlemva nokasana.

IokazKeM, 4TO HelOABUKHAA TOUYKa CYIIECTBYeT B 1060 CTPOro 4aCTUYHO yHO-
PAIOYCHHOI MOIEIN ¢ OOPLIBOM BO3PACTAIONINX HEllell I HAUMEHBIINM 3JI€MEHTOM.
DyCTh CYIEeCTBYeT TaKasd MOJE/Ib, B KOTOPOil HET HEMOABUKHOI Touku. B Heii cpe-
I BCEX JIEMEHTOB Y TAaKHUX, 9TO B MOAMOIEsM, OCHOBaHHOW Ha {z |z > y}, mer
HEIOJABUKHOI TOYKM, BbIOEpeM MaKcuMaJibHbIH. [Ij1s Bcex z > y B MOIMOIEIHN,
ocHoBaHHOl Ha {u|u > 2z}, HENOABUKHAA TOYKA CYIMIECTBYET, MOITOMY MO JIeMMe
1 oHa eIMHCTBEHHA U ompeneauMa hopMysIoil w, T.e. z Fw < 2z F o(w, q1, ..., qy)-
CirenoBaresibHO, W ONPENEISAET HENOABUAKHYI0 TOYKY P B mOaMOmes I, OCHOBAH-
voit Ha {z|z > y}. B mommonesn, ocuoBanHoii Ha {2 |z > y}, paccmorpum MHO-
xectBo P’ = o(P,Q1,...,Qy). cno, uro P' N {z|z > y} = P. U3-3a mo-
JAJIM30BAHHOCTH (© IO p 3HAYCHHE ¢ Ha iy HE 3aBUCAT OT 3HAYCHUsA p HA ¥, T.e.
ye pP,Q,...,Qn) < ye€ P, Q,...,Q). Doaydaem, uro P’ apisiercs Heno-
JBUZKHOW TOYKOIl B MOIMOJIEIHN, OCHOBAHHO! Ha {2 |z > y}. Dporusopedne.

Tenepb pacCMOTPUM MPOU3BOJILHYIO CTPOrO YACTHYHO YHOPIOICHHYIO MOIEID
¢ 06pBIBOM BO3pacTaromux meneii. s 1o60ro r B IOIMOIEIN, OCHOBAHHOI Ha
{2z ]2z > x}, HenouBMKHAA TOYKA CYMIECTBYET U ONpeaessieTcs GopMyJioi w, r.e. x F
werkEoew,q,...,qn). Dodromy, 3HaUeHIe HOPMYJIBI W ABJIAETC HEMOIBUKHOI
TOYKOII BO Bceil Monesnun. TeopeMa JIToKa3aHa.

Tax Kak MO3UTUBHBIE OIIEPATOPHI ABJIAIOTCA MOHOTOHHBIMH, TO IJIs HUX BBIIIOJI-
HsAeTCs Xopomo u3BectHoe [1] yrBepxkiaenne. A mmenuo, ecsm P — HamveHblmas
HEIIO/IBIZKHAA TOYKA MO3UTHBHOTO omeparopa Fy,, to P = ({A|F,(A)CA}.

Cynratonuii moO3UTUBHBII CJTyYaili MOXKHO CBECTH K CUHTAIOIMEMY MOIA/TI30BaH-
HOMY. DaCcCMOTPUM MO3UTUBHELT cunTaommuii oneparop Fy,. B dopmyite o(p, q1,. .., ¢n)
3aMeHUM Ha | Bce BXOXKIEHWs P, He HAXOIAIINECs Mo 1eficTBIeM MOIaJIbHBIX CBsi-
30K. Dostydenuyo dbopmyity obosnadum ((p,qi, ..., qn). fcHo, aTo omeparop Fy —
MO3UTUBHBII.

IIpennoxenune 1 Haumenbiine HenonsuzKHble TOYKH oneparopos Fy, u F¢ co-
BrajanT B jitoboii mogesn Kpunke (W, R, v ).

HokasareascTBo. fcuo, uro Beerna ((P,Q1,. .., Q) Cp(P,Q1,...,Qn). DycThb
P — manMenbImas HemoABIKHadA Touka omeparopa F,. Torma ((P,Q,...,Q,)CP.
D03TOMY B CHJIy HPEIJIOKeHNA | HauMeHbIIas HeNOABUKHAA TOUKa oneparopa Fy
conepxkutcs B P. Dyctb Teneps P/ — HauMeHbIIas HENOABUKHAS TOYKA OlepaTopa
F¢. 9pu obparnoii 3amene | na P’ sHavenne popMysIsl MOXKeET yBEJIUIUTHCA TOJIBKO
sayTpu P’'. Doaromy P’ = (P’ Q1,...,Q,). CienoBarensuo, P' — HenonsuxHas

TOUYKa oleparopa F, n HauMeHblIas HENOABUKHAA TOUYKA HTOr0 oneparopa Coaep-



xurcs B P, Dpenjioxenne qoKa3aHo.

3 Teopemsbl 2, npenjioxenns 1 n coxpanenns KoHcTpyknueir CaMOnHa mO3UTHB-
HOCTH ITapaMeTpPOB Cpasy CJIeIyeT

Teopema 3 s jiroboro nosurusHoro cuurakpouero oneparopa F, cymecrsyer
COXPAHSOMAA TMO3UTHBHOCTH MapaMeTpoB (popMyJia w, OHPENessIonas HamMeHb-
IIVIO HEIOABHUKHYIO TOYKY TOrO OIEeparopa B JIF0OOI CTPOro 4acTHIHO VIIOPIIO-
qeHHOIT Mogen Kpuike ¢ 0OpbIBOM BO3pacTaroIluX IeIIel.

Econ yctoBue oOpbiBa BO3pacTalomux meneii He BBIOIHAETC:, TO Teopema 1 0
HEMOIBUKHOI TOUKEe TaKKe He BBIMOJHAETCA. TeM He MeHee, HCIOJIb3Ys Pe3y/IbTa-
TBI, HOJTy9IeHHbIE /IS MOJAJILHOIO CJIydas MOMKHO J0KA3aTh CJIELYIONLYI0 TEOPEMY.

Teopema 4 /Iy /11060ro HO3UTHBHOIO CYHTaloIero oneparopa F, cymecrsyer
COXPAHSONAA MTO3UTHBHOCTH MapaMeTpoB (popMyJia w, OHPENessonas HauMeHb-
[IYIO HEMOJABHXKHYIO TOUKY 9TOI0 oreparopa B jio00ii mogesn Kpumke, ocHOBaAaHHOIT
Ha HaTypaabHbX dnciaax (N, <).

JlokaszaresibcTBO. 31eCh BCe HETPYIHO CBOIUTCA K MOJAJILHOMY Caydan. B
JIFO0O0I TaKoi MOIE M MOMKHO BBIpa3uTh (p depesd O caemyrommm obpasom: Qra =
Q(aNQ(aNO(...(aANQa)...))) (B npaBoii vactu k mryk ). Danee [4] 6buT 10Ka-
3aHO, YTO HAMMEHBIIIe HEMOIBIMKHbIEe TOUYKN MOJATbHBIX MO3UTUBHLIX OIEPATOPOB
OIIPEIEeTUMBI ¢ COXPaHEHHEM TO3UTHBHOCTH HapaMeTpPoB B TaK Ha3biBaeMbIX SF-
monessix. Momemnu, ocHoBauubie Ha ( N, <), saBiasoorcs SE-monessavu. Do3romy,

CyIIECTBYET COXPAHIIONIAA MO3UTUBHOCTh HAPAMETPOB MOIAJIbHAs (POPMYIa W.
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